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A partially ordered semigroup (shortly posemigroup) S is said to have
common joint weak local units if

(∀s, s′ ∈ S)(∃u, v ∈ S)(s = usv ∧ s′ = us′v).

Posemigroups S and T are called strongly Morita equivalent if there ex-
ist biposets SPT , T QS and surjective biposet morphisms θ : S(P ⊗T Q)S →
SSS, φ : T (Q⊗S P )T → T TT such that SP = P, PT = P, TQ = Q, QS = Q
and, for every p, p′ ∈ P and q, q′ ∈ Q,

θ(p⊗ q)p′ = pφ(q ⊗ p′), qθ(p⊗ q′) = φ(q ⊗ p)q′.

If s, s′ are elements of a posemigroup S and ρ is an equivalence relation
on S then we write s ≤

ρ
s′ if there exist a natural number n and elements

s1, . . . , sn ∈ S such that

s ≤ s1 ρ s2 ≤ s3 ρ . . . ρ sn ≤ s′.

A posemigroup congruence on a posemigroup S is a semigroup congruence
ρ on it which satisfies the following condition: s ≤

ρ
s′ and s′ ≤

ρ
s implies sρs′.

Theorem. Congruence lattices of strongly Morita equivalent posemigroups
with common joint weak local units are isomorphic.

Corollary. Congruence lattices of Morita equivalent pomonoids are iso-
morphic.
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